Vertices of the graphs are labeled from the set of natural numbers from 1 to the order of the given graph. Vertex adjacency label set (AVLS) is the set of ordered pair of vertices and its corresponding label of the graph. A notion of vertex adjacency label number (VALN) is introduced in this paper. For each VLS, VLN of graph is the sum of labels of all the adjacent pairs of the vertices of the graph. 
Introduction
The vertex natural labeling of graphs is introduced in ref. [1] [2] [3] . Research in the graph enumeration and graph labeling started way back in 1857 by Arthur Cayley. Graph enumeration is defined as counting number of different graphs of particular type, subgraphs, etc. with graph variants (the number of vertices and edges of the graph). Labeling of graph is assigning labels to the vertices or edges of a graph. Most graph labeling concepts trace their origins to labeling presented by Alex Rosa [1] . Some of graph labeling methods are graceful labeling, harmonious labeling, and coloring of graphs. For the detailed survey on graph labeling see ref. [4] . Graph labeling and enumeration finds the application in chemical graph theory, social networking and computer networking. For example, Cayley demonstrated that the number of different trees of n vertices is analogues to number of isomers of the saturated hydrocarbon with n carbon items C n H 2n+2 extension of our previous work [5] , in which vertex labeling for graph operations are studied. The following definitions are used abundantly in this paper. 
Vertex natural labeling of a graph: A vertex natural labeling of G is a mapping function
( ) ( ) ( ) ∑ ∉ + G E v u edge each for v l u l ) , ( .
Subdivision of a graph:
The subdivision of graph of a graph G denoted by S(G) is a graph obtained from G by replacing each of its edge by two series edges by introducing a new vertex into each edge of the G. See the ref. [7] for more details.
Direct Sum of two graphs: Direct sum of two graphs ( ) 
iv.
For any complete graph with p K , ( ) ( ) ( )
is a complete bipartite graph with n m ≥ , then 
Results

Theorem 1: Let
be the vertices of G such that 
Proof: (a).
From the data, the subgraph H is obtained from G by removing the vertex 
Proof:
The vertices of 
Proof: (a). The vertices of
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be the vertices of G such that respectively. By adding these two, we obtain,
By adding these two, ( )
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